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Abstract

Percolation diffusion of guest moleculesin NaCaA zeolite is smulated by the Monte Carlo method and monitored by the
pulsed field gradient (PFG) nuclear magnetic resonance (NMR) technique. The simulations are performed to evaluate
possible manifestations of anomalous percolation diffusion in NaCaA zeolite observable by PFG NMR. The observation of
normal diffusion of ethane in NaCaA by PFG NMR was found to be in agreement with the results of Monte Carlo
simulations. The conditions of the observation of anomalous percolation diffusion by PFG NMR are discussed. © 2000

Elsevier Science B.V. All rights reserved.
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1. Introduction

The framework of zeolite A consists of rela-
tively large (1.1 nm in diameter) interconnected
cavities which form a simple cubic lattice. The
framework elementary charge of — 12 /cavity is
compensated by the exchangeable cations. In
A-type zeolites, the exchangeable cations play a
particular role due to their ability to block the
windows between adjacent cavities [1,2]. The
fraction of *‘open’’ windows in the zeolite de-
pends on the total number of the cations per
cavity. Thus, replacement of two Na* cations
by one Ca?* in NaCaA zeolite may change this
fraction from O to 1. The framework of NaCaA
zeolites with different Ca contents, therefore,

* Corresponding author.

can be considered as a percolation lattice with a
variable fraction of open windows ( p).
Diffusion in NaCaA zeolites with different
Ca contents was previoudy investigated by the
macroscopic sorption techniques [2]. The depen-
dence of the diffusion coefficients of guest
molecules on the fraction of open windows
studied by these methods was found to be in
agreement with the predictions of the percola
tion theory. In this work, we report the results
of the investigation of the propagator, i.e. of the
probability density of diffusion-initiated dis-
placements of guest molecules in NaCaA zeo-
lites with different fractions of ‘open’ windows
between zeolite cages. This approach, in con-
trast to the earlier reported measurements of the
diffusion coefficients in NaCaA zeolites, allows
to monitor directly the deviations of percolation
diffusion from normal diffusion. The diffusion
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in NaCaA was modeled by Monte Carlo simula-
tions and monitored by the pulsed field gradient
(PFG) nuclear magnetic resonance (NMR) tech-
nique [2].

2. Results and discussion

The propagator P(r,t) represents the proba
bility density that during a time interval t, the
molecules under study are displaced over a
distance r. In quasi-homogeneous systems, in-
cluding A zeolite with a zero fraction of ‘ closed’
windows, the propagator is Gaussian:

P(r,t) = (4wDt)” “?exp(—r?/(4Dt)), (1)

where D is the diffusion coefficient. In a lattice
with the fraction of ‘open’ windows (p) be-
tween 1 and that of the percolation threshold
( p, = 0.2488 for three-dimensional lattices), the
propagator is no longer Gaussian for displace-
ments smaller than the correlation length of the
lattice [3].

In the present work, we have carried out
Monte Carlo investigations of how well the
Gaussian function describes the propagator for
A zeolites at the vicinity of the percolation
threshold in the long time (large displacement)
limit relevant for PFG NMR experiments. Fol-
lowing the approach used in Refs. [4,5], the
displacements (r) of random walkers were reg-
istered as a function of the number of steps (and
hence, of time) and the mean values { |r | ") for
different large numbers of stepsand n=1, 2, 3,
4 were calculated. These mean values represent
the first four moments of the propagator P(r,t):

<|r|”>=f|r|”P(r,t)dr, (2)

where n=1, 2, 3, 4. The applicability of the
Gaussian propagator was tested by comparison
of the values of D derived from the different
moments according to Eq. 2 under the condition
that P(r,t) in Eqg. 2 is a Gaussian function (Eq.
1). The agreement between the values of D

obtained for different n(D,) is a direct indica
tion that the propagator is, in fact, Gaussian
[4,5].

Monte Carlo simulations were carried out on
a cubic percolation lattice of a size of L3 (L =
300) with periodic boundary conditions. The
windows (bonds) between adjacent sites were
randomly blocked with a probability (1 — p).
For each lattice with a certain p and a certain
configuration of blocked windows, 500—10,000
starting points were randomly selected. Then N
step random walks (N < 2 X 107) originating in
these starting points were generated. Correla
tions between different random walkers were
neglected. For each p, the final results represent
the averages of over 20 lattices with different
configurations of blocked windows.

Fig. 1a shows the values of D,, determined
from the moments n=1, 2, 3, 4 for the whole
percolation lattice (all finite and infinite clus-
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Fig. 1. The normalized values of D, 3, in dependence on the
number of steps for p=0.30; 0.28; 0.26: (a) the random walk
simulations are carried out on al (finite and infinite) clusters; (b)
the random walk simulations are carried out only on the infinite
cluster.
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ters) in dependence on the number of steps. It
can be seen that, on the time scale of Fig. 1, the
values of D, are aready time-independent.
However, the D, _, do not coincide (D, <D,
< D, < D,) and the relative difference between
different D, increases as p approaches p.. This
indicates that the shape of the propagator is not
Gaussian and that the deviation from the Gauss-
ian propagator increases as p approaches p.. At
the same time, the D, , were found to be
identical when only random walks on the cluster
spanning the whole lattice were taken into ac-
count (Fig. 1b). We assumed that this cluster is
an infinite cluster. The coincidence of the D, in
Fig. 1b indicates that in this case, the propagator
is Gaussian. Hence, we conclude that the reason
of the non-Gaussian shape of the propagator of
the diffusion on the whole lattice is the exis-
tence of the essentially immobile random walk-
ers trapped in the finite clusters. The mean
square displacements of these wakers were
found to be orders of magnitude smaller than
those on the infinite cluster.

The abovediscussed results have a very sim-
ple implication to the PFG NMR diffusion mea-
surements in percolation systems. The quantity
accessible by PFG NMR is the attenuation of
the NMR signal (the ‘spin echo’), which is the
Fourier transform of the propagator P(r,t):

U (v8g.t) = [P(r.Dexp(iysgrydr,  (3)

where y denotes the gyromagnetic ratio and &,
g and t stand for the duration, amplitude and
separation of the field gradient pulses[2]. In the
percolation systems considered in this work, the
molecules on finite and infinite clusters repre-
sent two non-overlapping ensembles which can
be assigned two different propagators. Since the
molecules on the finite clusters are essentially
immobile, the propagator of these molecules
may be well approximated by the delta function
5(r). Hence, the spin echo signa of the
molecules on the finite clusters ¥, is a con-
stant, independent of the amplitude and the
duration of the magnetic field gradient pulses.

The spin echo amplitude of all molecules on the
percolation lattice can then be written as:

Y (yég,t) =¥, + WmfP(r,t)exp(iy(Sgr)dr,
(4)

where ¥ is the spin echo amplitude of the
molecules on the infinite cluster in the absence
of the magnetic field gradients and P(r,t) isthe
Gaussian propagator of these molecules.

Let us now consider the case when the ran-
dom walkers can penetrate through closed win-
dows with a certain low probability w. It is
intuitively clear that for w > 1/N, where N is
the number of steps, random walks with starting
points on the infinite and finite clusters are
equivalent. Hence, taking into account the
abovereported results, it can be expected that
aso in this case, the propagator is Gaussian.
Our results of the Monte Carlo simulations were
found to be in agreement with this expectation.

Using the results reported in Ref. [6], we
estimate that under the experimental conditions
of our PFG NMR measurements of ethane in
NaCaA, the condition w> 1/N is fulfilled.
This, according to our results of the Monte
Carlo simulations, should lead to a Gaussian

Ln ¥
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Fig. 2. NMR spin echo amplitude in dependence on the PFG
intensity (@) for ethane in NaCaA with different fractions of open
windows (p). The PFG NMR measurements were carried out
under conditions similar to those described in Ref. [7].
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propagator and hence, according to Eq. 3, to an
exponential dependence:

Y (y89,t) = exp(—y?2g*tD), (5)
of the spin-echo attenuation. The experimentally
observed linear dependencies of Iny on g? for
different values of p (Fig. 2) show that, in
agreement with the simulations, the propagator
of ethane diffusion in NaCaA zeolite is Gauss-
ian.

3. Conclusions

The results of the Monte Carlo simulations
reported in the present communication show
under which conditions, anomalous diffusion in
NaCaA zeolites can become observable by the
PFG NMR technique. The reported PFG NMR
diffusion data for ethane in NaCaA give an
example of normal diffusion in the percolation
system, in agreement with the results of the
Monte Carlo simulations.

Acknowledgements

The Leipzig group acknowledges support by
the European Community (Brite-EuRam III,
BE-97-4783) and the Deutsche Forschungsge-
meinschaft (SFB 294). The Stuttgart group is
grateful to Funds der Chemischen Industrie and
Max-Buchner-Forschungsstiftung for financial
support.

References

[1] D.W. Breck, Wiley, New York, Zeolite Molecular Sieves
1974.

[2] J. Karger, D.M. Ruthven, Diffusion in Zeolites and Other
Microporous Solids, Wiley, New Y ork, 1992.

[3] A. Bunde, S. Havlin, Fractals and Disordered Systems,
Springer, New York, 1996.

[4] S. Fritzsche, R. Haberlandt, J. Karger, H. Pfeifer, K.
Heinzinger, Chem. Phys. Lett. 198 (1992) 283.

[5] S. Fritzsche, Phase Transitions 52 (1994) 169.

[6] M. Ruthven, Can. J. Chem. 52 (1974) 3523.

[7] W. Heink, J. Karger, H. Pfeifer, P. Salverda, K.P. Datema, A.
Nowak, J. Chem. Soc., Faraday Trans. 88 (3) (1992) 51.



